Both 5 by 8 and 4 by 11 rectangles have 100 squares.
I have secured the answer in the following way:
           Let us consider that each small square has a side of length one unit.
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In a 2 by 3 rectangle squares of side 1 unit and squares of side 2 units can also be formed.

Number of squares of side 1 unit are 6 (2*3).
Number of squares of side 2 units are 2(1*2).

Therefore the total  no.  of squares in a 2 by 3                                                              rectangle are 8(6+2)

Similarly if we consider a 3 by 4 rectangle there are a total of 20 squares.
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                                                     Number of squares if side 1 unit   =3*4  = 12 

       Number of squares of side 2 units =2*3  = 6[(3-1)*(4-1)]

       Number of squares of side 3 units =1*2  = 2[(3-2)*(4-2)]

       Total number of squares                =12+6+2 = 20
We can generalize this fact by taking a rectangle of x rows and y coloumns.
Total no. of squares in an x by y rectangle = 
x*y +(x-1)*(y-1)+(x-2)*(y-2)+…………….

The addition series stops only when either the rows or coloumns reduces to 1.

By trial and error method a 5 by 8 and 4 by 11 rectangles contain exactly 100 squares

100=5*8+1*7+3*6+2*5+1*4

100=4*11+3*10+2*9+1*8

There can be no rectangle containing 100 squares. This can be verified by increasing or decreasing the no. of rows and coloumns.

