Solution to Sextet

By Oliver Feng, Olchfa School

x+1/x=1 (Note that x has no real solutions)

Let Aj= x+1/x=1 and A= x"+1/X".

We have A=1+1=2

For A= X*+1/%

Since (x+1/xf=x*+2+1h¢= 1x1=1

Thus A= X*+1/X=1-2=-1=A-A

For A= XC+1/x3

Since A=x*+11E=(*+1hC) (x+1/x)= X+x+1/x+1/C= Ag+A,
Therefore A= x*+1/x°=Ax-A;= -1-1=-2

In general,

Ana= XTI =M LY (x+ 1K) = XXX LIX= AntAn
Thus, A=An1-An2

From A;=2 andA;=1, we can generate the whole sequence of {24 follows:
2,1,-1,-2,-1,12,1,-1,-2,-1, ...

We can see that the sequence is a repeating pafterd, -1, -2, -1, 1 for successive
values of n, with a period of 6.



